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Abstract
We study in this paper the production, in hadronic collisions, of final states with
W gauge bosons, heavy quark pairs and n extra jets (with n up to 4). The complete
partonic tree-level QCD matrix elements are evaluated using the ALPHA algorithm,
and the events generated at the parton level are then evolved through the QCD shower
and eventually hadronised using the coherent shower evolution provided by the HER-
WIG Monte Carlo. We discuss the details of our Monte Carlo implementation, and
present results of phenomenological interest for the Tevatron Collider and for the LHC.
We also comment on the impact of our calculation on the backgrounds to W (H → bb¯)
production, when only one b jet is tagged.
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1 Introduction
Multijet final states are characteristic of a large class of important phenomena present in
high-energy collisions. QCD interactions generate multijet final states via radiative processes
at high orders of perturbation theory. Heavy particles in the Standard Model (SM), such as
W and Z bosons or the top quark, t, decay to multiquark configurations (eventually leading
to jets) via electroweak (EW) interactions. In addition to the above SM sources, particles
possibly present in theories beyond the SM (BSM) are expected to decay to multiparton final
states, and therefore to lead to multijets. Typical examples are the cascade decays to quarks
and gluons of supersymmetric strongly interacting particles, such as squarks and gluinos.
Whether our interest is in accurate measurements of top quarks or in the search for more
exotic states, multijet final states always provide an important observable, and the study of
the backgrounds due to QCD is an essential part of any experimental analysis.
In addition to fully hadronic multijet final states, a special interest exists in final states
where the jets are accompanied by gauge bosons. For example, the associated production of
several jets with a Z boson decaying to neutrinos gives rise to multijet+missing transverse
energy ( /ET ) final states. These provide an important background to the search for super-
symmetric particles. Likewise, the associated production of 4 jets and a W boson decaying
leptonically provides the leading source of backgrounds to the identification and study of
top quark pairs in hadronic collisions.
Several examples of calculation of multijet cross-sections in hadronic collisions exist in the
literature. Some of them are included in parton-level Monte Carlo (MC) event generators,
where final states consisting of hard and well isolated partons are generated. Among the
most used and best documented examples are PAPAGENO [1] (a compilation of several
partonic processes), VECBOS [2] (for production of W/Z bosons in association with up
to 4 jets), NJETS [3] (for production of up to 6 jets). In addition to these ready-to-use
codes, programs for the automatic generation of user-specified parton-level processes exist,
and have been used for the calculation of many important processes in hadronic collisions:
MADGRAPH [4], CompHEP [5] and GRACE [6].
Studies of the partonic final states can be performed by assuming that each hard parton can
be identified with a jet, and that the jets’ momenta are equal to those of the parent parton. This
simplification is extremely useful to get rough estimates of production rates, but cannot be used
in the context of realistic detector simulations, for which a representation of the full structure of
the final state (in terms of hadrons) is required. This full description can be obtained by merging
the partonic final states with so-called shower MC programs (such as HERWIG [7], PYTHIA [8] or
ISAJET [9]), where partons are perturbatively evolved through emission of gluons, and subsequently
hadronized. As we shall discuss in the following, however, this merging is not always possible, since
common parton-level MC’s sum and average over flavours and colours, and do not usually provide
sufficient information on the flavour and colour content of the events.
The goal of the present work is twofold. First we review a general strategy proposed in [10] for
the construction of event generators for multijet final states, based on the exact leading-order (LO)
evaluation of the matrix elements for assigned flavour and colour configurations, and the subsequent
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shower development and transition into a fully hadronized final state. In view of the complexity of
the problem, we shall argue in favour of the use of the algorithm ALPHA [11] as the best possible
tool to carry out the relative matrix-element computations. Applications of ALPHA to the case of
hadronic collisions have already been shown successful in the case of multijet production in [12, 10].
Then we apply the technique to the specific example of production of WQQ¯+n-jet final states
(with Q being a massive quark, and n ≤ 4). The matrix-element calculation and the generation
of parton-level events is completed with the shower evolution and hadronization generated by the
HERWIG MC [7]. We present the results, in the case of Q = b, of the parton-level calculations
for several production rates and distributions of interest at the Tevatron and at the LHC. We
discuss some interesting features of the final states, exploring in particular the relative size of
processes where the b and b¯ give rise to either 1 or 2 taggable jets. This comparison will underscore
the importance of full matrix-element calculations taking fully into account the heavy-quark mass
effects. We then present some results relative to final states reconstructed after the shower evolution.
We compare parton-level to jet-level distributions, and study the ability of HERWIG to approximate
the emission rate of extra jets via the shower evolution. Independent work on the merging of parton-
level calculations with shower MC’s (for the specific case of PYTHIA) has been pursued by the
CompHEP group [13] and by the GRACE group [14], limited however to final states with at most
4 partons.
We conclude this presentation by listing future projects which could be realized within the
framework of the approach presented here.
2 Matrix-element evaluation
The emission of soft gluon radiation in state-of-the-art shower-evolution programs accounts for
quantum coherence, which is implemented via the prescription of angular ordering in the parton
cascade [15]. Angular ordering dictates that the radiation emitted by a colour dipole be confined
within the cone defined by the directions of the two colour charges defining the dipole itself. The
set of colour connections among the partons which defines the set of dipoles for a given event will
be called a colour flow, or colour configuration.
The comparison with existing hadron-collider data [16], confirms that the constraint of angular
ordering is essential to properly describe the particle multiplicity and the momentum distribution
inside jets, as well as to describe the correlations between primary jets and softer jets emitted during
the shower evolution. In order to reliably evolve a multiparton state into a multijet configuration,
it is therefore necessary to associate a specific colour-flow pattern to each generated parton-level
event. This requires an ad-hoc approach to the evaluation of the matrix elements. A specific
proposal was presented in [10], and will be shortly summarized here.
2.1 Reconstruction of colour flows
We discuss for simplicity the case of multigluon processes [17], as the extensions to cases with
quarks and electroweak particles [18, 19] follow the same pattern. The scattering amplitude for n
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gluons with momenta pµi , helicities ǫ
µ
i and colours ai (with i = 1, . . . , n), can be written as [17]:
M({pi}, {ǫi}, {ai}) =
∑
P (2,3,...,n)
tr(λai1 λai2 . . . λain ) A({pi1}, {ǫi1}; . . . {pin}, {ǫin}) . (1)
The sum extends over all permutations Pi of (2, 3, . . . , n), and the functions A({Pi}) (known as
dual or colour-ordered amplitudes) are gauge-invariant, cyclically-symmetric functions of the gluons’
momenta and helicities. Each dual amplitude A({Pi}) corresponds to a set of diagrams where colour
flows from one gluon to the next, according to the ordering specified by the permutation of indices.
When summing over colours the amplitude squared, different orderings of dual amplitudes are
orthogonal at the leading order in 1/N2:
∑
col′s
|M({pi}, {ǫi}, {ai})|2 = Nn−2(N2 − 1)
∑
Pi
[
|A({Pi})|2 + 1
N2
(interf.)
]
. (2)
At the leading order in 1/N2, therefore, the square of each dual amplitude is proportional to the
relative probability of the corresponding colour flow. Each flow defines, in a gauge invariant way,
the set of colour currents which are necessary and sufficient to implement the colour ordering
prescription necessary for the coherent evolution of the gluon shower. Because of the incoherence
of different colour flows, each event can be assigned a specific colour configuration by comparing
the relative size of |A({Pi})|2 for all possible flows.
When working at the physical value of Nc = 3, the interferences among different flows cannot
be neglected in the evaluation of the square of the matrix element, eq. (1). As a result, the basis of
colour flows does not provide an orthogonal set of colour states, and a MC selection of colour flows
is not possible. In [10] we proposed to use the Gell-Mann basis of SU(3) matrices as an orthogonal
basis to represent the colour state of a given set of partons:
λ1 =
1√
2

 0 1 00 0 0
0 0 0

 , λ2 = 1√
2

 0 0 10 0 0
0 0 0

 , λ3 = 1√
2

 0 0 01 0 0
0 0 0


λ5 =
1√
2

 0 0 00 0 1
0 0 0

 , λ6 = 1√
2

 0 0 00 0 0
1 0 0

 , λ7 = 1√
2

 0 0 00 0 0
0 1 0


λ4 =
1
2

 1 0 00 −1 0
0 0 0

 , λ8 = 1√
12

 1 0 00 1 0
0 0 −2


In this basis, only a fraction of all possible 8n colour assignments gives rise to a non-zero ampli-
tude. For each event, we randomly select a non-vanishing colour state for the external gluons,
and evaluate the amplitude M . We then list all dual amplitudes contributing to the chosen colour
configuration according to eq. (1) and, among these dual amplitudes, we randomly select a colour
flow on the basis of their relative weight. In a 6-gluon amplitude, for example, a possible non-
zero colour assignment is given by (2, 7, 5, 6, 1, 3). Up to cyclic permutations, only three orderings
of the colour indices give rise to non-vanishing traces: tr(λ2 λ7 λ5 λ6 λ1 λ3), tr(λ2 λ6 λ1 λ5 λ7 λ3)
and tr(λ2 λ7 λ3 λ1 λ5 λ6). Therefore only three dual amplitudes contribute to the full amplitude:
A(2, 7, 5, 6, 1, 3), A(2, 6, 1, 5, 7, 3) and A(2, 7, 3, 1, 5, 6). The colour ordering to be specified for
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the coherent parton-shower evolution can be selected by comparing the size of the squares of
tr(λ2 λi2 . . . λi6)A(2, i2, . . . , i6) for the three contributing permutations (i2, . . . , i6) of the colour
indices.
In the limit of a large number of generated events, and in the case of processes with only
gluons or with gluons and one quark-antiquark pair, this algorithm is equivalent to the colour-flow
extraction algorithm proposed in [20] and employed in HERWIG. There, the full sum over all colours
is performed for each event. For each event one then calculates the individual subamplitudesM(f)
corresponding to all possible colour flows f . The event is then assigned the colour flow f¯ with a
probability:
P (f¯) =
|M(f¯)|2∑
f |M(f)|2
. (3)
In the case of two or more qq¯ pairs our prescription and that of [20] differ at order 1/N2c , since
by generating colour states we produce configurations whose matrix element has no leading colour
contribution. One such example is the process qiq¯i → qj q¯j, where i, j = 1, . . . , Nc are fixed colours.
This transition is mediated by the gluons corresponding to the diagonal Gell-Mann matrices. The
colour coefficient is trivially given by
∑
a
λaikλ
a
jl =
1
2
(
δilδjk − 1
Nc
δikδjl
)
, (4)
which, when k = i and l = j as in the proposed example, is of order 1/Nc. The corresponding
colour flow links the quark and antiquark of the initial state, and those of the final state. No such
colour flows can appear in the algorithm by Odagiri, where only colour configurations of leading
order in Nc are generated.
Since the colour-flow information is only relevant for events which will be evolved through a
shower MC, and since one usually does this only for unweighted events, it is sufficient to evaluate
the possibly large set of dual amplitudes corresponding to a given colour state only for the small
set of unweighted events. The extraction of a colour flow, therefore, does not increase significantly
the computing time necessary to generate unweighted events. The full sum over colours is obtained
by averaging over a large sample of events. The cross section thus obtained is correct to all orders
in 1/Nc. Relative to the prescription of [20], this approach has the advantage that the random
selection of colours can in principle be optimized by exploiting the strong colour-dependence of the
matrix elements (see an example along these lines in [21]).
While the algorithm proposed above can in principle be adopted in the context of any of the
existing calculational techniques, including those based on the automatic generation of matrix-
elements such as CompHEP, MADGRAPH or GRACE, the flexibility to calculate amplitudes
relative to fixed colour states, as well as those relative to dual amplitudes, and the ability to
efficiently calculate matrix elements for processes with large numbers of final-state partons, single
out in our view the ALPHA algorithm as the best suitable tool. The ability to tackle computations
of this complexity in the case of hadronic collisions was proved in [10, 12].
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3 WQQ + n jets production
The associated production of W bosons and heavy quarks (Q = b, t) is one of the most important
background processes to several searches for new physics, as well as to the detection of top quarks.
The final state Wbb¯ is also the leading irreducible background to the production of SM Higgs
bosons via the process p
(−)
p →W (H → bb¯). The relative matrix elements have been known for long
time [22]. The NLO corrections to the final states where both b and b¯ are hard and can be treated
as massless have recently become available [23]. The process p
(−)
p → Wbb¯j has been studied for
massive b at LO in [24], while the processes with up to two extra jets, but again in the limit of
massless b, are included in VECBOS [2].
The extension to larger jet multiplicities, and the inclusion of mass effects, are necessary, among
other things, to allow more accurate studies of the backgrounds to tt¯ production. In this case, final
states have typically 2 jets in addition to the bb¯ pair, but initial and final state radiation can lead
to the presence of extra jets. As we shall show later, the increase in the number of light jets in the
final state which the background calculation should be able to cope with is also mandated by the
need to account for background configurations where only one jet can be reconstructed from the
bb¯ system.
As an application of our techniques, we then carried out the calculation of the process p
(−)
p →
(W → ℓνℓ)+QQ+n-jets, covering final states with up to n = 4 jets in addition to the heavy-quark
pair. The full spin correlations between the leptons from the W decay and the other particles are
included in the matrix element, as well as the finite width of the W , described by a Breit-Wigner.
For simplicity, in the following we shall however always refer to the W , instead of the lepton pair
which is used in the actual computations.
The classes of processes necessary to describe these final states, and with up to 2 light-quark
pairs, are listed here:
PROC = 1 : qq¯′ →Wbb¯ (5)
PROC = 2 : qg →Wbb¯q¯′ (6)
PROC = 3 : gg →Wbb¯qq¯′ (7)
PROC = 4 : (qq¯′ →Wbb¯q′′q¯′′) + (qq¯′ → Wbb¯qq¯) + (qq¯′′ →Wbb¯q′q¯′′) + (8)
(q′′q¯′′ →Wbb¯qq¯′) + (qq¯ →Wbb¯qq¯′) + (qq →Wbb¯qq′) + (qq′ →Wbb¯qq)
PROC = 5 : (qg →Wbb¯q′q′′q¯′′) + (qg →Wbb¯q′qq¯) + (qg →Wbb¯qqq¯′) (9)
PROC = 6 : (gg → Wbb¯qq¯′q′′q¯′′) + (gg →Wbb¯qq¯′qq¯) . (10)
We did not indicate possible additional final-state gluons, and did not explicitly list trivial per-
mutations of the initial state partons and charge-conjugated processes. This list of processes fully
covers all those possible in the case of up to 3 jets in addition to the b and b¯. In the case of
4 extra jets, we did not include processes with 3 light-quark pairs. Within the uncertainties of
the LO approximation, these can be safely neglected [2]. The matrix elements are obtained using
ALPHA, which calculates the Green function generator via an exact numerical iterative algorithm,
as explained in [11].
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Note that PROC=6 only contributes to ≥ 4 light-jet production; PROC=5 only contributes to
≥ 3 light-jet production; PROC=3 and 4 only contribute to ≥ 2 light-jet production; PROC=2
only contributes to ≥ 1 light-jet production; PROC=1 contributes to all Wbb¯ + X final states.
Every time the jet multiplicity is increased, new classes of processes appear. These new processes
cannot be simply obtained by adding one extra gluon to the lower-order ones. As a result, their
rate cannot be estimated in a shower MC approach, where lower-order processes are allowed to
evolve and emit more jets due to gluon radiation. This fact stresses once more the importance of
a complete parton-level calculation of all relevant matrix elements.
In the cases where comparisons with existing results were possible, we verified that our code
reproduces previous calculations. We carried out these tests at the level of total cross sections for
the massive Wbb¯ case (comparing with the results of [22]), and for Wbb¯ plus up to 2 extra jets, for
massless b (comparing with the results obtained running the VECBOS code3).
All calculations are performed using MC techniques, and the resulting code can be used as an
event generator. For each generated event the code provides the full kinematics and flavours of the
external partons, selected according to the relative probabilities, as well as the colour flow. The
code includes an interface to HERWIG, allowing the events to be fully evolved through the coherent
parton shower, and to be hadronized. The full code, as well as more detailed documentation, are
available from the URL: http://home.cern.ch/mlm/wbb/wbb.html.
4 Study of the partonic results
In this section we present some numerical results for parton-level cross-sections and distributions,
using experimental configurations corresponding to the upgraded Tevatron Collider (pp¯ collisions
at
√
s = 2 TeV) and to the LHC (pp collisions at
√
s = 14 TeV). As default parameters for
our calculations we shall use: mW = 80.23 GeV, ΓW = 2.03 GeV, mb = 4.75 GeV, PDF set
CTEQ5M [25], with 2-loop αs(Q
2), and renormalization/factorization scales µ2R = µ
2
F = m
2
W+〈p2T 〉,
where 〈p2T 〉 is the average p2T of all outgoing jets.
We shall define here as light jets those formed by the light quarks and gluons. They are
required to be separated from each other, and from the b quarks, by ∆Rij > 0.4, with ∆Rij =
[(ηi−ηj)2+(φi−φj)2]1/2 for each pair of partons i and j. The cut at ∆Rij > 0.4, rather than at the
value of ∆Rij > 0.7 used as standard in jet physics at the Tevatron, is motivated by the choice of
jet definition used in most top-quark studies at the Tevatron [26]. We shall analyse later the impact
of this choice on the comparison between jet rates at the parton level and at the fully-showered
level. Finally, all jets are also required to be hard and central:
pit > 20 GeV, |ηi| < 2.5 (11)
We shall not set any cut on the charged lepton and on the neutrino (giving rise to missing transverse
energy, /ET ) from theW decay, and we shall present rates including only one possible leptonic flavour
in the W decay.
In the following, we shall use the symbol NJ to indicate the total number of jets, including the
jets generated by the b or b¯ quarks.
3http://www-theory.fnal.gov/people/giele/vecbos.html
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Process NJ = 2 NJ = 3 NJ = 4 NJ = 5 NJ = 6
1 360(1) 68.6(4) 10.4(1) 1.46(1) 0.20(1)
2 – 37.6(2) 12.1(1) 2.63(3) 0.47(1)
3+4 – – 4.3(1) 1.66(3) 0.41(1)
5 – – – 0.085(2) 0.036(1)
6 – – – – 0.00038(2)
Total 360(1) 106.4(4) 26.8(2) 5.84(4) 1.11(2)
Table 1: Contributions from different initial states to the pp¯ → (W →
ℓν)bb¯j3 . . . jNJ rates (fb), for the Tevatron at
√
S = 2 TeV, with the cuts given
in eq. (11). The different processes are defined in eqs. (5)-(10). The – indicates that
the process is not available for the given jet multiplicity. The PDF set is CTEQ5M,
and only one lepton flavour is considered. The uncertainties (quoted in parentheses
as errors on the last significant figure) reflect the statistical accuracy of our MC
evaluation.
Process NJ = 2 NJ = 3 NJ = 4 NJ = 5 NJ = 6
1 2.60(1) 0.63(1) 0.144(3) 0.036(2) 0.008(1)
2 – 2.97(1) 2.11 (2) 1.08(2) 0.47(2)
3+4 – – 0.288(1) 0.24(1) 0.13(2)
5 – – – 0.030(1) 0.031(4)
6 – – – – 0.0010(3)
Total 2.60(1) 3.60(1) 2.54(2) 1.38(2) 0.64(3)
Table 2: Same as Table 1, for the LHC. Rates in pb.
4.1 Total rates
We start by considering final states where both b and b¯ are sufficiently hard and well separated to
form independent jets, and apply to them the same cuts defining light jets, namely ∆Rbb¯ > 0.4
and eq. (11). We shall call these “2-b-jet events”. Table 1 gives the rates for final states with
2 b jets plus extra light jets at the Tevatron, with the contributions from the different classes of
processes listed separately. The Table shows that, for multiplicities up to 4 jets, the qualitatively
new processes appearing every time the multiplicity is increased by one are of the same order, or
larger, as the processes obtained from the lower-order channels by radiating one extra gluon.
The results for the LHC are given in Table 2. Note here that the effect of the new processes
appearing for larger jet multiplicities is even more important. This is due to the fact that the lowest-
order process involving initial state antiquarks is strongly suppressed by the sea-quark density
relative to higher-order final states, which are enhanced by the large initial-state gluon contribution.
This result is consistent with the numbers quoted in Table 7 of [2] in the case of massless b.
7
Since experimentally one does not always require the identification of both b and b¯, it is im-
portant to consider, in addition to the case of 2-b-jet events, cases where the event has only one
taggable b jet. These events receive contributions from final states where either one between the b
and b¯ is too soft or outside the rapidity range for the jet definition, or where the b and b¯ are close
enough as to merge into a single jet. If we treated the b as a massless particle, both these limiting
cases would lead to infinite rates at LO, due to soft or collinear divergences. Only the inclusion of
NLO virtual corrections, with an infrared and collinear safe jet definition, would restore a finite and
physical answer. Since we treat the b quark as massive, the LO calculation is however meaningful
and finite (expressing the fact that the “b-ness” of a jet is in principle measurable via its decays
regardless of how small its energy is, and regardless of how collinear the b-b¯ pair is).
We can therefore define and predict the rates for final states where only one jet is taggable. We
call these “1-b-jet events”. More specifically, 1-b-jet events are those which fail the 2-b-jet definition,
but fall in one of these classes:
1. One between the b and the b¯ satisfies eq. (11).
2. Both b and b¯ fail eq. (11), but
∆Rbb¯ < 0.4, pt(
~b+ ~¯b) > 20 GeV, |η(~b+ ~¯b)| < 2.5 . (12)
For these events, production of a W +NJ -jet final state requires an O(αNJ+1s ) process, as one extra
light-parton jet is needed to give the required jet multiplicity. In spite of the presence of the extra
power of αs, the contribution of these events to the 1-tag final states can be very large, because of
the presence of potentially large soft and collinear logarithms. This is confirmed by Table 3, which
shows that the contribution to single-tag events coming from the higher-order processes is as large
as that of the leading-order ones4. In the case of the LHC, Table 4, the higher-order contributions
are significantly larger than the leading-order ones, consistently with the results shown for the
multiplicity-dependence of the total jet rates in Table 2. This is particularly true for the process
most relevant to the study of associated WH production, where the O(α3s) process is almost 5
times larger than the O(α2s) one. The requirement of double-b tagging is very important in this
case to efficiently reduce this extra background.
Before concluding this section we stress that all rates shown in the Tables are affected by a large
overall uncertainty due to the choice of renormalization and factorization scales. Since the matrix-
element calculations only include the LO contributions, and given the large powers of αs which
multiply the rates (the processes with NJ final state partons scale like α
NJ
s ), one should assume
overall systematic uncertainties of the order of a factor of 2-4, depending on the jet multiplicity. In
principle, this uncertainty can be reduced by using the information coming from data on W +NJ
jets (without final-state b jets) or Z ++bb¯+n jets, which are not affected by the contamination of
the tt¯ signal. The calculation of the Z + bb¯+ n jet processes will be done in the future.
4 The actual relative contribution of 2-b-jet events and 1-b-jet events to the single-tagged rate depends on
the experimental value of the tagging efficiency, which will depend on the structure of the b jet. We expect,
for example, that tagging efficiencies for semileptonic tags will be approximately a factor of two larger for
jets containing two b than for single-b jets.
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Perturbative Order NJ = 1 NJ = 2 NJ = 3 NJ = 4 NJ = 5
O(αNJs ) – 360(1) 106.4(4) 26.8(2) 5.84(4)
O(αNJ+1s ) 1316(3) 371(2) 94.0(5) 20.5(4) 3.8(1)
Table 3: Contributions to W +NJ -jet rates (fb) at the Tevatron, from final states
with 2 (upper row) or 1 (lower row) b-jets.
Perturbative Order NJ = 1 NJ = 2 NJ = 3 NJ = 4 NJ = 5
O(αNJs ) – 2.60(1) 3.60(1) 2.54(2) 1.38(2)
O(αNJ+1s ) 9.38(5) 12.3(1) 7.4(1) 3.71(5) 1.7(1)
Table 4: Contributions to W +NJ -jet rates (fb) at the LHC, from final states with
2 (upper row) or 1 (lower row) b-jets.
4.2 Jet distributions
We present in this subsection some interesting distributions for parton-level multijet events. Fig-
ure 1 shows the inclusive pT distribution of b jets, for final states with jet multiplicities NJ = 2-5.
We compare the distributions of b jets in 2-b-jet and 1-b-jet events, where in the first case each event
will contribute two entries to the histograms. The shapes of the two distributions are rather similar
through most of the energy range. The curve relative to 2-b-jet events has a larger normalization
because of the double probability of finding a b jet in the event.
The large contribution coming from events where only one b jet is reconstructed is clearly
visible. To show the impact that such events have on the background to the associated production
of a W boson and a resonance decaying to a b pair (e.g. a Higgs boson), we present in fig. 2 the
invariant mass spectrum of the dijet pair in dijet events. The solid line corresponds to the O(α2s)
process, where both b quarks give rise to independent jets. The dashed line corresponds to the
1-b-jet events obtained from the O(α3s) process. This figure shows that the requirement of having
two independently b-tagged jets is crucial for the background suppression. A detailed study of the
tagging efficiencies for 1-b-jet events is necessary to ensure that the residual contribution from fake
tags on the second, non-b, jet is small.
To explore more in detail the structure of the b jet in 1-b-jet events, we plot in fig. 3 the ∆R
separation between the b and the b¯, showing the curves for different ranges of pT of the b jet. Events
where ∆R > 0.4 correspond to cases where one of the two bs is either too soft or is outside the
rapidity range. The figures show that at large pT we are dominated by 1-b-jets with the b and b¯
merged inside the jet (∆R < 0.4). The tagging efficiency for these jets is presumably larger than
that for jets made of a single b, in particular if semileptonic tags are considered. It is an important
experimental issue to evaluate what the actual tagging efficiency is for these jets, as a function of
pT .
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Figure 1: Inclusive pT distributions of b jets. The solid lines refer to 2-b-jet events
(in which case both jets are entered in the histograms); the dashed lines refer to
1-b-jet events.
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Figure 2: Dijet invariant mass distribution, in W plus 2 jet events, where at least
one of the two jets has a b in it. The solid line refers to 2-b-jet events; the dashed
line refers to 1-b-jet events.
5 Study of the fully showered final states
In this Section we describe the results obtained after evolution through the parton shower. The
goal of our calculations is to be able to generate as accurately as possible the full jet structure of the
partons generated at the matrix-element level. We first generate a sample of parton-level events
with a fixed multiplicity (NJ ), and then process these events through HERWIG for the shower
evolution. When applied to an event with NJ hard final-state partons, we expect that the parton-
shower evolution will generate an event with an NJ -jet inclusive final state. Initial or final state
radiation may change the overall jet multiplicity (e.g. by splitting a jet in two, or radiating a new
one from the initial state), but these effects are of order αs relative to the inclusive NJ -jet properties
of the event. In principle one could use the shower evolution to predict the rates for configurations
with jet multiplicities larger than NJ [27, 28]. We shall give examples later on of how well the
MC succeeds in this goal. As is well known, however, the shower MCs tend to underestimate the
fraction of events with extra jets, unless explicit matrix-element corrections for the emission of hard
and non-collinear radiation are included. Algorithms exist for implementing these matrix-element
corrections in the case of low jet multiplicity processes (corrections to DY production [29], top
decays [30], WZ-pair production [31]), but their extension to the case of high-jet multiplicities we
are interested in is currently severely limited by the complexity of these processes.
In the following two subsections we present some tests of our scheme. In the first one we discuss
some sanity checks of our approach, showing that the inclusive properties of NJ -jet final states are
preserved by the shower evolution. In the second subsection we discuss the ability of the shower
MC evolution to predict the emission rates for extra jets.
5.1 Sanity checks
To start with, we compare the inclusive jet rates before and after evolution. While the evolution of
the partonic events through HERWIG can generate fully hadronized final states, we chose here to
11
Figure 3: bb¯ angular correlations in events with 2 b jets (plots) and with 1 b jet
(histograms). The case of 1 b jet is divided into subsamples defined by the pT of the
b jet in the ranges 20-40, 40-100 and > 100 GeV.
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Figure 4: Inclusive pT distributions of jets at the parton level (solid curves) and
after shower evolution (dashed curves). The curves are ordered going from the
hardest to the softest jet in the event. Parton level jets are defined by an isolation
cut ∆R > 0.4, and showered jets by a cone Rjet = 0.4.
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Figure 5: Inclusive pT distributions of jets at the parton level, with separation
cut ∆R > 0.7 (solid curves), and of fully-showered Rjet = 0.7 jets (dashed curves).
These last were obtained starting from the full sample of ∆R > 0.4 partonic events.
stop the evolution after its perturbative part, in order to be able to compare as closely as possible
the effects of higher-order perturbative corrections to the evolution of the final state. For the
jet clustering after the shower evolution we use the standard cone algorithm, implemented in the
routine GETJET [32] provided with the HERWIG code. To match the cuts used at the parton
level, we use Rjet = ∆R = 0.4, and a jet pT threshold of 20 GeV.
Figure 4 compares the pT spectra at parton level with those after the shower, for events gen-
erated at the parton level with 2, 3, 4 and 5 jets. The pair of curves correspond to the series
of jets, from the hardest to the softest one. The curves show that the spectra after radiation do
not exactly coincide with those at the parton level. The difference is consistent with an average
energy-loss of 3-4 GeV outside the jet cone. One should therefore expect that a better matching of
the partonic and fully showered jet spectra will be achieved by using wider jet cones, since these
will more efficiently contain the energy radiated by the partons during their evolution. That this is
the case, is shown in fig. 5. Here we compare the spectra obtained using a cut of ∆R > 0.7 on the
partons with those relative to fully showered jets defined by a cone of Rjet = 0.7. To generate this
sample of Rjet = 0.7 jets we used the sample of parton-level events defined by the ∆R > 0.4 cut,
in order to cover the cases where two partons merge into a single jet, and extra jets are produced
by the radiative processes. The agreement between the spectra is now perfect, consistently with
the results obtained in the 2-jet case in [27]. The message here is that when preparing parton-level
samples to be used for the QCD evolution by a shower MC algorithm, it is important to set gener-
ation cuts looser than those used in the definition of the full jets, in order to account for downward
fluctuations in the jet energy and for jet merging induced by the jet clustering algorithms. In
principle these problems should be avoided by using jet algorithms based on kT clustering [33].
Figure 6 shows the matching between the directions of the partons before the shower, and the
direction of the fully evolved jets. We note a smearing of the direction, which is more enhanced in
the case of the soft jets, as should be expected. The matching of the jet momenta before and after
the shower is shown in fig. 7. The distributions show on average a momentum loss, mostly due to
radiation outside the jet cone, but have a width which is only of the order of 5-10% of the parton
momentum.
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Figure 6: Parton-jet alignment. We plot the distance ∆R between the direction
of the parton before radiation, and that of its daughter jet. Jets are labeled in
decreasing order of pT .
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Figure 7: Jets’ momentum matching. We plot the difference between the momen-
tum of the parton before radiation and that of the jet, normalized to the parton
momentum. Jets are labeled in decreasing order of pT .
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Figure 8: Inclusive spectrum of b jets: the result for 2-b-jet parton-level events
(solid) is compared to the spectrum obtained for the same events after shower evolu-
tion (dashed line); the plotted points correspond to the result for events which have
still 2 b jets after the shower evolution).
In fig. 8 we display the comparison between the inclusive spectra of b jets, before and after
shower evolution. At the parton level we use events with 2-b-jets. Only a fraction of them will
survive as 2-b-jet events after the shower, once again due to some energy loss outside the cone, and
to artifacts of the jet merging during the clustering.
The outcome of all these studies is that the shower evolution preserves the inclusive properties
of parton-level events, up to corrections induced by energy losses outside the small, Rjet = 0.4, jet
cones.
5.2 Jet radiation in HERWIG
We address in this section the issue of the ability of the shower MC to correctly predict the rate
for hard radiation leading to extra final-state jets. The plots in fig. 9 show the spectrum of the
(NJ + 1)-th jet in events obtained by evolving through HERWIG parton-level events with NJ
jets. These spectra are compared with what obtained by using directly the (NJ + 1)-jet parton-
level matrix elements, before (solid lines) and after (dashed lines) the HERWIG evolution. As we
pointed out in a previous section, large contributions arise when higher-order parton level processes
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Figure 9: Comparison of jet rates evaluated with matrix elements with those
obtained from hard radiation during the shower evolution of lower-order parton-
level processes.
are considered. These contributions are due to the appearance of new processes, which cannot be
generated via radiation processes in the MC (e.g. new initial states not present at the lower
orders). In order to make a fair comparison, we therefore included in the parton-level estimate of
the (NJ + 1)-th jet spectrum only those processes which are present at order α
NJ
s . In the case of
3 final-state jets, we find a good agreement in the range pT <∼ 45 GeV between the rates obtained
by evolving 3-jet parton level events through HERWIG (plotted points) and the rates obtained via
radiation during the shower evolution of 2-jet parton-level events (dashed line). A similar result
is obtained in the case of 4 jets. In this case we also studied the prediction of HERWIG based on
2-jet parton-level events, probing therefore the ability to predict the rate for the emission of 2 extra
jets (diamond symbols). The deficit in 4 jets predicted using the 2-jet matrix elements is in part
due to the lack of qg-initiated processes, which account for 35% of the 3-jet rate. Even including
this correction, however, we see that not enough hard radiation is emitted to correctly predict the
emission of 2 extra jets. The situation is improved when considering 5 and 6 jets, as shown in the
last frames of fig. 9, presumably because the overall amount of energy present in the events in this
case improves the validity of the soft-gluon emission approximation even in the case of radiation
leading to emission of 2 extra jets.
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6 Conclusions and outlook
In this work we presented a general framework for the evaluation of complex multiparton matrix
elements, including an algorithm for the consistent merging with a coherent shower evolution,
leading to fully hadronized multijet final states. We applied these ideas to the specific case of
Wbb¯+ n jet production, completing the calculation for processes with up to a total of 6 final-state
partons (including the b and b¯). We presented results both at the parton level, and after the shower
evolution, which was done using the HERWIG MC. In addition to providing a proof of feasibility
for these calculations and to showing the consistency of the merging with the coherent shower
evolution, we pointed out several important consequences of the higher-order calculations and of
the ability to maintain a non-zero mass for the b quarks. On one side we stressed the fact that jet
rates do not obey the naive αs scaling with multiplicity, due to the appearance at higher orders of
new, large contributions. This is especially true in the case of the lowest-order Wbb¯ and Wbb¯+ j
processes, and it is even more remarkable in the case of pp collisions at the LHC. On the other
side, we pointed out that measurements done by requiring the presence of only one tagged b jet
are very sensitive to the contribution of 1-b-jet events, namely events where the b jet contains both
the b and the b¯ quarks, or where one of the two b does not reconstruct a taggable jet. The impact
of these events on the background subtraction needed to determine the top cross section from the
current measurements performed at the Tevatron remains to be assessed.
The formalism we have outlined, and the key use of ALPHA to enable the calculation of
the matrix elements and the extraction of the colour information needed for the coherent shower
evolution, are readily portable to the study of other complex multiparton processes. The removal
of the bb¯ pair from the calculation will immediately lead to the evaluation of W + n jet rates,
with n up to 4. While these processes have already been studied in the literature, and have been
encoded in the VECBOS MC, our approach will add to the existing tools the ability to consistently
evolve the final states through the shower MCs, and to generate events suitable for realistic detector
simulations. The work on theW+n jet program is in progress. If one can neglect contributions from
subprocesses with 6 or more light quarks, an extension to n up to 6 will be readily available using
the ALPHA code. Inclusion of the processes with 6 or more light quarks presents no conceptual
problems, but simply requires a more involved bookkeeping of all possible flavour channels.
The calculation of the processes p
(−)
p → tt¯bb¯ + n jets and p(−)p → bb¯bb¯ + n jets (with n up to
2) is being completed 5, and will soon be reported on. Future work will then include the study of
Zbb¯+ n jets and of tt¯+ n jets.
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